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Thermally induced ripples are intrinsic features of nanometer-thick films, atomically
thin materials, and cell membranes, significantly affecting their elastic properties.
Despite decades of theoretical studies on the mechanics of suspended thermalized
sheets, controversy still exists over the impact of these ripples, with conflicting predic-
tions about whether elasticity is scale-dependent or scale-independent. Experimental
progress has been hindered so far by the inability to have a platform capable of
fully isolating and characterizing the effects of ripples. This knowledge gap limits the
fundamental understanding of thin materials and their practical applications. Here, we
show that thermal-like static ripples shape thin films into a class of metamaterials
with scale-dependent, customizable elasticity. Utilizing a scalable semiconductor
manufacturing process, we engineered nanometer-thick films with precisely controlled
frozen random ripples, resembling snapshots of thermally fluctuating membranes.
Resonant frequency measurements of rippled cantilevers reveal that random ripples
effectively renormalize and enhance the average bending rigidity and sample-to-sample
variations in a scale-dependent manner, consistent with recent theoretical estimations.
The predictive power of the theoretical model, combined with the scalability of the
fabrication process, was further exploited to create kirigami architectures with tailored
bending rigidity and mechanical metamaterials with delayed buckling instability.

metamaterials | resonators | rippled materials

The mechanical properties of slender structures are well understood (1–3), and are
routinely considered when designing safe transportation enclosures (e.g., containers,
submarines, planes), stable buildings, flexible electronics, as well as metamaterials
and kirigami architectures with unique mechanical properties (4–6). The effects of
material properties, elastic deformations, and critical loads can be precisely predicted
and engineered using scale-free elasticity theory (1, 3, 7). For example, introducing
periodic corrugations is a common strategy that can be accurately modeled with thin-
plate theory to enhance the bending rigidity of ultralight mechanical devices and flexible
metamaterials, effectively delaying buckling (4, 8–10). However, as the characteristic
dimensions of structures shrink to the nanoscale, ripples spontaneously form due
to thermal fluctuations (11–13), rendering conventional thin-plate theory (1, 3, 7)
inadequate for describing their elasticity (14–17).

Despite decades of research, the influence of the ripples on the mechanical properties
of materials remains poorly understood and subject to ongoing controversy. Experiments
on atomically thin devices have revealed that ripples induce substantial deviations from
thin-plate theory, with mechanical properties varying by orders of magnitude across
samples (17–19). Theoretical models have long suggested that thermal ripples impart
scale-dependent elasticity to these materials (20–23), a hypothesis supported by atomistic
and coarse-grained simulations (24–27). However, recent studies have questioned
this view, proposing instead that bending rigidity remains scale-independent (28).
Understanding these rippling effects is crucial to resolving this controversy and advancing
the broader application of thin-film materials across various fields, where precise control
over mechanical properties—and their interaction with electronic, thermal, optical,
or chemical behaviors (29–31)—is vital. Yet, the challenge of quantifying the elastic
effects induced by ripples persists due to the difficulties in isolating the coupling effects
of dynamic ripples from built-in strain, static ripples, and defects (17–19, 32, 33),
underscoring the need for further experimental and theoretical advances.

Here, we combine experiment and theory to demonstrate that thermal-like frozen
ripples transform thin films into a class of metamaterials with scale-dependent, tailorable
elasticity. We study the frequency responses of nanometer-thick Al2O3 cantilevers with
particular frozen random ripples, which resemble snapshots of thermally fluctuating
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free-standing membranes at specific temperatures. Our experi-
ments reveal that the rippled cantilevers exhibit enhanced and
strongly size-dependent effective bending rigidity, with sample-
to-sample variations that increase with the size of the films. This
is in stark contrast to conventional elasticity theory (1–3), where
macroscopic elastic parameters such as bending rigidity do not
depend on the planar dimensions of the plate. The mechan-
ical properties of these rippled nanobeams can be statistically
described by considering the geometrically nonlinear coupling
between different Fourier modes of the ripples. Furthermore, we
have exploited these insights to design mechanical structures that
exhibit unusual elastic responses.

Films of Al2O3 with predetermined random height profiles,
i.e., ripples, were fabricated using semiconductor nanofabrication
processes through a conformal transfer technique (Fig. 1A and
SI Appendix, Fig. S1). Silicon wafers were used as substrates to
build cantilevers with and without frozen ripples. The polished
side of the silicon wafer, known as the frontside, is smooth
enough to enable the fabrication of microelectronics, microme-
chanical devices, microscopic robots, and more (34, 35). The
backside of the wafer typically remains unpolished, with surface
roughness determined by the wafer finishing process. While the
backside of a wafer is avoided in conventional nanofabrication

processes, we exploit it in this study to conformally imprint
its surface topography on nanometer-thick free-standing films
(SI Appendix, Fig. S1C ). Fig. 1A shows the procedure followed
to fabricate both nanometer-thick smooth films and films
with frozen random ripples with various in-plane dimensions.
Amorphous films deposited by atomic layer deposition methods
on the smooth side of a wafer result in atomically smooth
films, while films deposited on the rough side of the wafer
incorporate the random topography of the backside surface. De-
tailed fabrication and characterization processes are provided in
Materials and Methods.

To characterize the roughness of a wafer surface with the
disordered height profile h(x), we measured the 2D power
spectrum as P(q) ≡ |h(q)|2, where the Fourier components
are given by h(q) =

∫
d2x e−iq·xh(x)/A. The power spectra

for both the smooth frontside and the rough backside wafer
surfaces scale as P(q) ∼ q−4 at short lengthscales (large
wavevector q) albeit with very different numerical prefactors
(Fig. 1B). The power-law dependence of the wafer surface profiles
aligns with a widely observed scaling law found across various
types of surfaces, including natural, synthetic, and machined
surfaces (36, 37). Notably, free-standing membranes under
thermal fluctuations also exhibit a power-law dependence with
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Fig. 1. Disordered membranes with thermal-like, frozen random ripples: conformal transfer fabrication and ripple characterization. (A) Conformal transfer
fabrication of smooth and randomly rippled cantilevers. The polished surface of a Si wafer (frontside) is used to fabricate smooth resonators, and the unpolished
side (backside) is used for the rippled ones (Materials and Methods). The color bar indicates the height profile h(x, y) of the wafer measured with a 3D surface
profiler. The scanning electron micrographs show Al2O3 cantilevers with a thickness t = 28 nm that were fabricated on the frontside (smooth) and backside
(rippled) of the Si wafer. The fabricated cantilevers resemble frozen snapshots of 28-nm thick membranes, thermally fluctuating at equivalent temperatures
of Tequiv ∼ 104 K for smooth-surfaced cantilevers and Tequiv ∼ 1010 K for rippled cantilevers. (B) Two-dimensional (2D) power spectral density (PSD) of the
wafer surface height profile P(q) ≡ |h(q)|2 measured over an area of 284× 213 μm2. Dashed lines correspond to the power spectrum of thermally fluctuating
membranes 〈|h(q)|2〉 = kBT/(A�0q4), where kB is the Boltzmann constant, A the membrane area, and �0 the bare membrane bending rigidity. Temperature
in the spectrum of thermally fluctuating membranes was fitted to the 2D PSD of wafer surfaces to obtain the equivalent temperatures Tequiv as shown in
(A). Inset figure shows the height distribution of the wafer backside rough surface, fitted to the Gaussian distribution. (C) Scale dependence of the rms height
fluctuation hv (L), where L is the side length of a square membrane. The large solid dots correspond to the zoomed views in (D). The height fluctuations of
rippled membranes are self-similar in the sense that hv (L) ∼ L (dashed line). (D) Visual depiction of the self-similar height profile.
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an exponent of 4 (12, 38), consistent with the wafer surface
profiles. As a result, the fabricated films, with geometry templated
from the wafer surfaces, can be interpreted as frozen snapshots
of thermally fluctuating free-standing membranes at specific
temperatures. Note that changes in boundary conditions could
influence the ripple characteristics and the effective mechanical
properties of the membranes. Frozen analogs of thermal ripples
can be produced not only in free-standing membranes but also
in membranes with other boundary conditions, such as edge
tension, provided that a rough surface with an appropriate power
spectrum is templated (SI Appendix, Text).

Upon estimating the bare bending rigidity �0 for a flat
membrane as �0 = Et3/[12(1 − �2)] (39, 40), where E ,
t, � are three-dimensional (3D) Young’s modulus, thickness,
and 3D Poisson ratio respectively, an equivalent temperature
for a thermally fluctuating membrane follows from the power
spectrum of wafer surfaces were determined to be Tequiv ∼ 104 K
for the smooth-surfaced films andTequiv ∼ 1010 K for the rippled
films (Fig. 1B). Our approach enables the quantitative study of
the rippling effect in a frozen state at extremely high equivalent
temperatures, which would otherwise be unattainable. Since
experiments were performed at much lower room temperatures
(T ≈ 300 K), the amplitude of dynamic thermal ripples was
much lower than the magnitude of imprinted static thermal-like
ripples due to the wafer surface roughness. We also note that the
rms of the height fluctuations

hv(L) =

 ∑
2�/L<q

|h(q)|2

1/2

[1]

over a patch of size L × L scales as hv(L) ∼ L up to a length
scale of L ∼ 20 μm (Fig. 1C ). All fabricated rippled films fall
within this range and thus they exhibit a self-similar profile with
a constant ratio hv(L)/L of the RMS height fluctuations to the
patch size (Fig. 1D).

We determined the mechanical behavior of both smooth and
rippled cantilevers by measuring their resonance frequencies at
room temperature using a Fabry–Perot optical interferometer
(SI Appendix, Fig. S1), specially designed for measuring the
dynamics of nanometer-thick films (41). Fig. 2B shows the
measured resonance frequency of multiple smooth and rippled
cantilevers with the same thickness, t, and planar dimensions
(length L and width W ). As expected, all the smooth cantilevers
exhibit a similar resonance frequency with little sample-to-
sample deviation, which can be precisely determined by the
geometry of the structure using the thin-plate theory (1, 2).
The rippled cantilevers exhibit a higher resonance frequency
due to the introduction of ripples, but unlike the smooth struc-
tures, its value cannot be predicted using only the geometrical
dimensions L, W , and t. All the tested rippled cantilevers
have the same geometrical dimensions and average random
height profile, but their resonance frequencies are significantly
different.

To investigate the dependence of mechanical properties
on film size, we characterized the effective bending rigidity
across hundreds of smooth and rippled cantilevers with varying
dimensions (Fig. 2, L > W ). The resonance frequency f of
a cantilever can be expressed as f = (1/2�)

√
keff/meff, where

keff = 3�RW /L3 is the effective spring constant, and meff ≈
0.24�tLW is the effective mass at the cantilever tip (17, 42), �R
is the effective bending rigidity, and � is the material density.
From the measured resonance frequencies, the effective bending

rigidity, �R , of the smooth and rippled vibrating structures can be
obtained.

As shown in Fig. 2 C–F, the effective bending rigidity of
smooth beams is �R ≈ �0 for all the measured samples (blue
squares) and is thus scale-independent. In contrast, the effective
bending rigidity �R of rippled cantilevers shows a clear scale-
dependent behavior (red circles): the larger the system dimen-
sions, the larger the bending rigidity. The normalized measured
effective bending rigidity �R/�0 of rippled resonators, whose
widths are smaller or equal to their lengths (L ≥ W ), scales
linearly with the width of the samples, �R/�0 ∼ W (Fig. 2 C
and E), remains independent of the length L (Fig. 2D), and is
inversely proportional to the thickness of the films, �R/�0 ∼ 1/t
(Fig. 2F ), approaching the classical thin-plate limit for large
thicknesses. Fig. 2 also illustrates another striking property of
the rippled cantilevers: There are scale-dependent sample-to-
sample fluctuations in the effective bending rigidity that increase
with the width of the films (L ≥ W ), remain independent of
the samples’ length and get reduced when the thickness of the
cantilevers increases (SI Appendix, Fig. S2). Therefore, rippled
membranes present non-self-averaging behavior, similar to some
other examples of disordered systems such as spin glasses (43) or
disordered metals (44–46).

Previous theoretical analysis of membranes with quenched
random ripples (47) demonstrated that the average effective
bending rigidity, �̄R(`), of a square membrane of size ` × `,
depends on the RMS height fluctuations hv(`) of ripples.
When the height fluctuations of the ripples are small compared
to the film thickness (hv(`) � t), the effect of ripples is
negligible, and the effective bending rigidity is well approximated
with the classical thin-plate theory, i.e., �̄R(`) ≈ �0. This is
indeed the case for smooth cantilevers (Figs. 1C and 2 C–F ).
When the ripples are large compared to the film thickness
(hv(`) � t), the ripples effectively renormalize and increase the
bending rigidity to �̄R(`)/�0 ∼ hv(`)/t due to the geometrically
nonlinear coupling between different ripples’ Fourier modes
(SI Appendix, Text). For rectangular membranes with L > W ,
we can imagine the membrane as composed of a linear string of
W ×W blocks, in which case, the width W sets the renormal-
ization scale (48, 49). For rippled cantilevers in our experiments,
the theory predicts that the average effective bending rigidity
scales as

�̄R(W )
�0

∼
hv(W )

t
∼

W
t

. [2]

The above scaling for the average effective bending rigidity
is consistent with the experimental measurements of rippled
cantilevers in Fig. 2 C–F. As discussed above, the amplitude of
dynamic thermal ripples is much smaller than the amplitude of
static frozen ripples. Thus, the mechanical response is entirely
dominated by the frozen thermal-like ripples. The observed
scale-dependent elasticity represents disordered free-standing
membranes where the thermal fluctuations are now quenched.
It parallels the predicted scale-dependent properties of thermal
ripples in flat membranes, with only a slight difference in the
scaling exponents (23).

In SI Appendix, Text, we extend the theoretical analysis in
ref. 47 to also predict the SD of the effective bending rigidity
Δ�R . It was found to scale as

Δ�R(W )
�0

∼
W
t

[3]

which is also in excellent agreement with the experimental
measurements (SI Appendix, Fig. S2). For applications requiring
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Fig. 2. Scale dependence of the effective bending rigidity of rippled cantilevers. (A) Scanning electron micrographs of rippled Al2O3 cantilevers (L = 20 μm,
t = 28 nm) with different widths. The resonators are fabricated on the same wafer to ensure they have a random height profile h(x, y) with the same
statistical distribution. (B) Resonance frequency fluctuations were measured for 30 different rippled and smooth cantilevers with identical thickness (t = 28 nm)
and planar dimensions (L = W = 20 μm), and compared to the prediction from the thin-plate theory (cyan dashed line). All resonance frequencies are
measured with a custom-designed optical interferometer, excited by room temperature thermomechanical noise (Materials and Methods). (C–F ) Effective
bending rigidity �R of smooth and rippled cantilevers as a function of the sample dimensions: (C) variable width W (L = 20 μm, t = 28 nm), (D) variable length
L (W = 5 μm, t = 28 nm), (E) variable side length L = W of square cantilevers (t = 28 nm), and (F ) variable thickness t (L = W = 20 μm). The effective bending
rigidity �R is obtained from the resonant frequency of the cantilever (see text) and compared to the bending rigidity �0 = Et3/12(1−�2) of flat films (�0 = 0.34 pJ
for t = 28 nm-thick Al2O3 films with the Young’s modulus E = 180 GPa and Poisson’s ratio � ≈ 0.2). The green insert in each figure shows the relative planar
dimensions of cantilevers. Each box plot contains 10 samples of the same dimension, where the box encompasses 25th to 75th percentiles, the center line
shows the median and whiskers extend to minimum and maximum values (± 2.7 SD) not considering outliers. The dashed lines are the theoretical scaling
predictions (see text).

high design reliability, sample-to-sample deviations caused by
variations in rippling profiles can potentially be eliminated by
using the same random rippled profile across all samples. Ignoring
fabrication errors, imprinting the same random ripple patterns
on different films would result in identical mechanical properties.
Advanced 3D printing techniques (50), for instance, can be
employed to precisely define and replicate the rippling profiles,
thereby ensuring controlled and consistent mechanical behavior
across various samples. Finally, note that the theory only predicts
statistical properties of the bending rigidity by considering the
statistical properties of an ensemble of power-law height fluctua-
tions. The precise value of the effective bending rigidity for a given
rippled cantilever depends on the detailed geometry of the ripples
and can be estimated using Finite Element Analysis as shown in
SI Appendix, Fig. S3.

Our findings provide a strategy for engineering slender
structures with tailorable elasticity by capitalizing on the intrinsic
mechanics of rippled films. The mechanical properties of rippled
films can be programmed by the topography of the imprinted rip-
ples and the local geometry of the structures. Using this strategy,

we have designed nanometers thick structures with mechanical
responses unattainable when fabricated with smooth structural
materials. In Fig. 3A, we show the evolution of the measured
bending rigidity of square cantilevers (L = W = 20 μm, t =
14 nm), with and without cuts along the axial direction. The
measured bending rigidity of rippled cantilevers shows a strong
dependence on the number of cuts (red circles), while the
smooth cantilevers remain insensitive to the presence of cuts
(blue squares). This difference arises because the renormalization
of the bending rigidity only occurs up to the width of individual
strips as discussed above. Hence, under the same uniform bending
stress, the out-of-plane bending angle of rippled cantilevers can
be controlled by the number of axial cuts patterned during
the fabrication process. We demonstrate this by patterning
cantilevers of Al2O3 (t = 28 nm) with 1, 2, and 4 axial cuts
and then deposit a 10 nm film of Ti on top. The metallic
film introduces a uniform bending stress, causing the beams
to bend upward (Fig. 3B) (51). The fabricated beams behave as
predicted; see Fig. 3C : The higher the number of cuts, the larger
the deflection angle. Smooth cantilevers exhibit upward bending
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Fig. 3. Tailorable mechanical properties of rippled films through cutting. (A) Comparison of measured effective bending rigidity in smooth and rippled
cantilevers with axial cuts, showcasing programmable bending rigidity via axial cuts. All square cantilevers have the same thickness (t = 14 nm) and planar
dimensions (L = W = 20 μm), with each cut being 18 μm long and wc = 2 μm wide. Since the renormalization of the bending rigidity in films with n cuts only
occurs up to the width ws(n) = (W − nwc)/(n + 1) of individual strip, the average effective bending rigidity is expected to scale as �̄R/�0 ∼ ws(n)/t (dashed
red line). (B) Schematic depicting the expected bending responses of rippled beams under a uniform bending load as the number of cuts increases, illustrating
the ability to program expected out-of-plane deformations via in-plane cuts. (C) SEM image of Al2O3 rippled films (t = 28 nm) with identical dimensions and an
increasing number of cuts from 0 (Bottom) to 4 (Top). A 10 nm thick film of Ti is sputtered on top of the beams to induce a uniform bending load. (D) Fabrication
of kirigami architectures with complex 3D shapes through the patterning of initial 2D planar geometries. This technique has been applied to create 3D rippled
microstructures that emulate a Waterlily flower (Nymphaea “Red Flare”). SEM images show the resulting structures from different planar designs: budding
and blooming architectures. Bending angle of flower petals is induced by the sputtering of a Ti film and controlled by the number of cuts in the hinges (see
schematic designs). (E) Mechanical metamaterial constructed with rippled films. The SEM image shows a perforated rippled film with delayed bucking-induced
deformation. The films have a thickness t = 28 nm and an aspect ratio of L/t ≈ 30,000 (Movie S1). The lower SEM image shows a detail of the pattern of cuts
defining the unit cell. (Scale bars in C and D, 50 μm; scale bar in E, 100 μm.)

with a constant deflection angle, independent of the number
of cuts. Patterned rippled films thus enable programmable out-
of-plane deformations via local geometrical control, providing
a method to assemble origami and kirigami micro- and nano-
structures (6, 52). This alternative method to assemble 3D
structures is demonstrated in Fig. 3D, where the final 3D
architecture of a micrometer size kirigami structure, inspired by
a waterlily flower, is determined only by the dimensions of the
cuts patterned onto the 2D rippled structure.

Using rippled films as a structural material with scale-depen-
dent mechanical properties provides new degrees of freedom
for engineering metamaterials with enhanced performance. Me-
chanical metamaterials have garnered significant attention in the
past years because they exhibit negative Poisson’s ratio (53),
anomalous thermal expansion (54), and, under uniaxial tension,
they experience out-of-plane buckling useful to build 3D
kirigami architectures (6, 10, 55). Inspired by many functionally
efficient but structurally disordered biological materials such
as the hierarchical organization of trabecular bones and the
cell organization of carnivorous plants, there has recently been
increasing interest in studying disorder in metamaterials, aiming
to provide better functionalities over ordered structures (56).
The scale-dependent tailorable elasticity of rippled materials with

disorder can also be applied to the creation of metamaterials with
delayed buckling. In Fig. 3E, a kirigami structure with a length-
to-thickness ratio L/t ≈ 30, 000 undergoes deformation via a
uniaxial force applied with a nanoprobe. The structure, created
by cuts on a rippled elastic thin sheet, features large triangular
domains (scale length Ld ) connected by small rectangular hinges
(scale length Lh). Notably, the bending rigidity of the triangular
domains is selectively enhanced over the hinges by a factor of
Ld/Lh ≈ 10, eliminating the need for adding thick stiffening
elements to the triangular domains (57). Meanwhile, since the
critical load in Euler buckling instability increases with the
bending rigidity (27, 58, 59), structures built with rippled films,
as shown in Fig. 3E, exhibit buckling at a significantly increased
critical load. The out-of-plane buckling threshold strain for a
rippled hinge is increased by a factor of (Lh/t)2 compared to
a smooth hinge, and thus, the in-plane deformation regime is
extended for rippled kirigami structures compared to smooth
ones (SI Appendix, Text and Movie S1).

The results presented in this manuscript demonstrate that
thin films with thermal-like frozen ripples have unique me-
chanical properties that cannot be described with the well-
known Hookean thin-plate theory. These materials represent a
class of metamaterials that exhibit enhanced bending rigidity,
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strongly scale-dependent elastic parameters, and sample-to-
sample variations proportional to the size of the structures. We
introduced a theoretical model that describes the experimental
results by taking into account the statistical properties of the
height profile of the ripples and a nanofabrication approach that
enables the manufacturing of structures and devices incorporating
rippled materials. The predictive power of the theoretical model,
combined with the scalability of the fabrication process, conveys
a strategy for manufacturing complex micro- and nanostructures
out of rippled films with tailorable elasticity.

Materials and Methods

Fabrication. To fabricate rippled nanomembranes, we first deposit a layer of
SiO2 film with 0.5 μm thickness onto Si substrate with a rough surface (backside
of the wafer) using plasma-enhanced chemical vapor deposition (PECVD). An
amorphous silicon (a-Si) film of 2.5 μm thickness is then deposited using PECVD
asthesacrificial layer fornanomembranerelease.Toavoidinconsistenciescaused
by differences in the characteristics of wafer surface profiles, which depend on
the wafer finishing processes, all rippled samples were fabricated on a single
wafer exhibiting consistent 2D power spectral density of height profiles across
different locations (SIAppendix, Fig. S1B). To fabricate smooth nanomembranes,
we use a commercially available SOI wafer with a 2.5 μm device silicon layer
and a 1 μm buried oxide layer. A thick layer of atomic layer deposition (ALD)
Al2O3 (1,500 cycles) is deposited on both wafers as a supporting layer for the
nanomembrane cantilevers. After patterning using optical lithography, the thick
Al2O3 film is dry etched approximately 3/4 of the way through the film using
a Cl2/BCl3 plasma and then wet etched in H3PO4 solution the remaining way,
stopping on the a-Si layer without roughening it. Following the etch, a thin
layer of ALD Al2O3 (nanomembrane structural layer) of the desired thickness is
deposited. We use the same ALD processes for the thick and thin Al2O3 films,
except for the total number of cycles, where we use a trimethylaluminum (TMA)
precursor and water as a reactant at 175◦C. After another lithography patterning,
the thin layer of Al2O3 film is etched in a Cl2/BCl3 plasma. To fully release the
Al2O3 nanomembranes, we first remove the surrounding sacrificial layer near
the nanostructures using SF6 reactive ion etching, then the sacrificial layer
underneath the nanostructures is removed using XeF2 etching to avoid surface
tension problems in a wet etch. The 3D structures are formed by sputtering
a thin layer of Ti (t = 10 nm) on the Al2O3 nanomembranes (t = 28 nm).
For a cantilever under a uniform bending stress �, the deflection at its tip
Vmax = �L4/(8�R) (60). The bending stress can be estimated to be in the
scale of 1 kPa from the deflection of rippled cantilevers, as shown in Fig. 3C.

Characterization. Cross-sectional scanning transmission electron microscopy
(STEM) and X-ray reflectometry (XRR) are used to determine the film thickness
of the Al2O3 nanomembranes. SI Appendix, Fig. S1D shows the cross-sectional
STEM image of a 28 nm-thick Al2O3 nanofilm deposited on the front side of a
wafer surface. STEM samples are prepared using focused ion beam (FIB) milling
in a FEI Nova 600 NanoLab dual beam SEM/FIB. To protect the Al2O3 film during
cross-sectional sample preparation, a thin layer of Pt is first deposited onto the
ALD film using electron beam (EB) deposition, followed by a thick layer of Pt
deposited using focused ion beam (FIB) deposition (SI Appendix, Fig. S1D). Both
STEM and XRR give similar growth rates of the ALDAl2O3 nanofilm, about 1.08 Å
per cycle. The density of the Al2O3 nanofilm is estimated to be 3, 300 kg/m3

from the XRR measurement. Surface profiles are measured with a Keyence
VK-X3000 3D surface profiler.

Measurement. The thermomechanical motion of the cantilevers is measured
using a custom-made optical interferometry setup (41). The interference is

formed between the reflected light waves from the Al2O3 nanomembrane
and the underneath substrate as shown in SI Appendix, Fig. S1E. The light
source is a polarized 632.8 nm HeNe laser with an incident power about
0.5 mW, detected by a photodetector (New Focus 1801 FS), and analyzed
by a Lock-in amplifier (Zurich Instruments HF2LI). Devices are measured in
a vacuum chamber with a pressure of <10−5 torr at room temperature. An
example of the thermomechanical motion spectra of a smooth and a rippled
nanomechanical resonator is provided in SI Appendix, Fig. S1 F and G,
respectively. The thermomechanical motion amplitudes are calibrated according
to the equipartition theorem. While the rough surfaces have poorer reflection
efficiency compared to the smooth surfaces, the interferometry setup has
sufficient sensitivity to detect the thermomechanical motion of devices with
rippling. The millimeter-scale elastic metamaterials are manipulated using an
Omniprobe nanomanipulator. A Nova 600 NanoLab SEM records the motion.

Finite Element Analysis. Finite Element Analysis (FEA), as shown in SI
Appendix, Fig. S3, was performed using commercial software to estimate the
eigenfrequencies of the samples under small linear deformation, considering
that our nanomechanical resonators are driven solely by thermomechanical
motion. The FEA samples were created using the measured surface profiles from
the 3D surface profiler (Keyence VK-X3000). The measurement was performed
on the same wafer used to fabricate the experimental cantilever samples shown
in Fig. 2. Each FEA device, with the desired planar dimensions (length and
width), was randomly sampled from the measured surface profiles (x, y, z) over
an area of 284 × 213 μm2, as shown in SI Appendix, Fig. S3A. The selected data
were then converted into an STL file to facilitate geometry importing into the FEA
software. The device thickness was assigned to match that of the experimental
samples, and material properties, including a Young’s modulus of 180 GPa and
a density of 3,300 kg/m3, were applied based on experimental characterization.
One end of the device was fixed to replicate the cantilever configuration. We
observed that the fundamental mode of all FEA samples corresponds to out-of-
plane vibration, which was used to estimate the bending rigidity.

Data, Materials, and Software Availability. All study data are included in
the article and/or supporting information.
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Supporting Information Text

1. Theoretical model for rippled membranes

The mechanical properties of rippled cantilevers at zero temperature can be understood theoretically by first writing the
shallow-shell equilibrium equations for nearly flat membranes with quenched random disorder, as developed in Refs. (1, 2). We
begin by briefly reviewing some of these results, summarizing the model in Section 1 and the scaling of the average effective
bending rigidity in Section 2. In Section 3, we then discuss how the previous analysis can be extended to understand the scaling
of sample-to-sample fluctuations in the effective bending rigidity. In Section 4, we discuss how ripples affect the buckling
threshold in sheets and use this result to comment on the buckling of kirigami structures discussed in the main text. Section
5 summarizes how we estimated the effective temperatures that generate height fluctuations similar to the ripples in the
experimental samples.

The reference unstressed configuration of a disordered, nearly flat membrane can be written in the Monge representation as

X0(x) = xêx + yêy + h(x)êz, [1]

where h(x) represents a random height profile and x ≡ (x, y). In Fourier space, the height profile is given by h(q) =
1
A

∫
d2x e−iq·xh(q), where A is the area of the membrane. Each Fourier mode h(q) is assumed to be an independent Gaussian

random variable with zero mean ⟨h(q)⟩ = 0 and variance

⟨h(q1)h(q2)⟩ = δq1,−q2
∆2

Aq
dh
1

, [2]

where δ is the Kronecker delta and q ≡ |q|. For the Al2O3 rippled cantilevers considered in this paper, the measured
two-dimensional power spectral density of the height profile in Figure 1b in the main text implies the exponent dh = 4. The
value of dh = 4 is inspired by thermal ripples in free-standing membranes given approximately by〈

|h(q)|2
〉

≈ kBT

Aκ0q4 . [3]

Although not the subject of the paper, note that other values of dh could perhaps be of interest: for example, thermal ripples
in membranes subject to an edge tension σ are instead〈

|h(q)|2
〉

≈ kBT

A(κ0q4 + σq2) , [4]

which corresponds to dh ≈ 2 for suitably large systems. A change in dh leads to different mechanical properties: for example,
the effective bending rigidity will scale only logarithmically with system size for dh = 2, as opposed to linearly for dh = 4, see
Ref. (1) for additional discussion.

One theoretical approach towards obtaining the effective bending rigidity of rippled membranes is to consider the mechanical
response to a normal force density p(x) acting on the membrane. The resulting deformation can be decomposed into tangential
displacements ui(x) with i ∈ {x, y} and normal displacements f(x), such that the deformed configuration X(x) is

X = X0 + uit̂
0
i + f n̂0, [5]

where the summation over repeated indices is implied and we introduced the unit tangent vectors t̂0
i =

(
êi+(∂ih)êz

)
/
√

1 + (∂jh)2

and the unit normal vector and n̂0 = (êz − (∂ih)êi)/
√

1 +
∑

i
(∂jh)2. The elastic free energy density F of the deformed

configuration is then

F = 1
2 λ0u2

kk + µ0u2
ij + 1

2κ0K2
kk − κ0

G det(Kij), [6]

where λ0 and µ0 are the in-plane Lamé constant and κ0 and κ0
G are the two-dimensional bending rigidity and the Gaussian

bending rigidity, respectively. In the above Eq. (6) we also introduced the strain tensor uij(x) and the bending strain tensor
Kij(x) which can be expressed in terms of the tangential and normal displacements as

uij = 1
2(∂iuj + ∂jui) + 1

2(∂if)(∂jf) − f∂i∂jh,

Kij = ∂i∂jf,
[7]

where we kept only the lowest order terms. The equations describing the deformed configuration of the membrane in response
to the applied normal force density p(x) can be obtained using the principle of virtual work, where we minimize the functional

F
[
ui(x), f(x)

]
=

∫
d2x (F − pf). [8]
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For simplicity, we do not consider boundary forces or torques. Minimizing the functional in Eq. (8) leads to the shallow shell
equilibrium equations

0 = ∆2χ + Y0

[
{h, f} + 1

2{f, f}
]

,

p = κ0∆2f − {χ, f} − {χ, h},

[9]

where Y0 = 4µ0(µ0 + λ0)/(2µ0 + λ0) is the two dimensional Young’s modulus and ∆ the Laplacian operator, and the Airy stress
function χ is related to the stress tensor σij = λ0ukkδij + 2µ0uij via σij = ϵikϵjl∂k∂lχ. Here, ϵij is the Levi-Civita symbol in
two dimensions. In the above Eq. (9) we also introduced the Airy bracket {A, B} = ϵikϵjl(∂i∂jA)(∂k∂lB).

Once we specify dh, the scaling of the effective bending rigidity of rippled membranes with the characteristic dimensions is
not expected to be affected by a particular choice of boundary conditions, and we adopt periodic boundary conditions for
convenience. Here, we consider the linear response to the applied normal force density p(q). Thus we can omit the non-linear
terms {f, f} and {χ, f} in the shallow-shell equilibrium equations in Eq. (9) and solve for the normal displacements f(q).
This gives the self-consistent integral equation

f(q) = p(q)
κ0q4 − Y0

κ0q4

∑
q1,q2 ̸=0

(q × q1)2(q1 × q2)2

q4
1

h(q − q1)h(q1 − q2)f(q2). [10]

The above integral equation for normal displacements f(q) cannot be solved analytically for a given random profile h(q) of
rippled membranes. Below we discuss, how we can approximately obtain statistical properties of the normal displacements f(q)
using diagrammatic techniques. Diagrammatically, the integral equation in Eq. (10) can be represented as

q
=

q
+

q q2

q − q1 q1 − q2

, [11]

where the wavy line represents the normal displacements f(q), the solid line represents the propagator 1
κ0q4 , the square vertex

represents the applied normal force p(q), and the red dotted lines represent the disordered profile h(q). By iterating the
integral equation in Eq. (10) or equivalently the diagrammatic equation in Eq. (11), one can obtain an infinite series of
diagrams (as well as their analytical expressions) that contribute to the response f(q).

2. Average effective bending rigidity

The average effective bending rigidity can be obtained from the linear response theory. In this section, we briefly summarize
the results from Ref. (1). For a flat sheet without the quenched random disorder (h(q) ≡ 0), Eq. (10) simply gives
f(q) = p(q)/(κ0q4). The applied normal force density p(q) at a given Fourier mode q thus induces the response of the same
mode f(q). However, for rippled membranes (h(q) ̸= 0), the applied normal force density p(q) also induces the response f(q′)
with q′ ̸= q due to the mode coupling in the second term in Eq. (10). Nevertheless, only one mode q is induced in the average
response ⟨f(q)⟩, where the averaging is done over an ensemble of disordered rippled membranes with random height profiles
h(q) with the zero mean and the variance in Eq. (2). In analogy with the above result for the flat sheet, we define the effective
bending rigidity κR(q) via the average linear response

⟨f(q)⟩ = p(q)
κR(q)q4 . [12]

Diagrammatically, averaging over random height profiles of rippled membranes corresponds to contracting the red lines that
arise in an infinite series of diagrams by iterating the Eq. (11). Note that the red lines have to be contracted in all possible
ways according to the Wick’s theorem.

Before summarizing the results for the average effective bending rigidity, it is useful to introduce the root-mean-square
(RMS) height fluctuation hv(q) over a patch of of size 2π/q × 2π/q of the rippled membrane. It is given by

h2
v(q) =

∑
q<|k|<Λ

〈
|h(k)|2

〉
∼


∆2/qdh−2, dh > 2
∆2 ln(Λ/q), dh = 2
∆2Λ2−dh , dh < 2

, [13]

where Λ ∼ 1/a is an UV cutoff set by a microscopic length scale a. Upon using iterative perturbation theory on Eq. (10), it
was found that ⟨f(q)⟩ could be expressed as a perturbative series in the parameter Y h2

v(q)/κ. For a membrane of thickness t,
the two-dimensional Young’s modulus and bending rigidity scale as Y ∼ t and κ ∼ t3, respectively. Therefore, the perturbative
parameter is related to the ratio of the effective height fluctuations and intrinsic thickness hv(q)/t. The perturbation series
converges for nearly flat membranes with hv(q)/t ≪ 1 but it diverges for highly rippled membranes with hv(q)/t ≫ 1, which is
the case at long wavelengths for the experimental Al2O3 rippled membranes with dh = 4 considered in this paper.
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In order to estimate the scaling properties of the divergent perturbation series, we used the Self-Consistent Screening
Approximation (SCSA) where one sums the infinite subset of all diagrams. The SCSA was originally used to estimate critical
exponents in critical phenomena (3, 4), and was later also used to estimate the scaling of effective elastic constants for thermally
fluctuating membranes (5–7) and membranes with quenched random disorder (8, 9). From a more theoretical perspective,
for a two dimensional membrane embedded in d dimensions, the SCSA can be thought as the expansion in 1/d. Here, we
considered the subset of all non-crossing diagrams, which gives exact scaling in the limit of d → ∞. The SCSA can be expressed
diagrammatically as the following pair of coupled implicit equations

= + , [14]

= + , [15]
where the double line represents the renormalized SCSA propagator 1

κR(q)q4 and the solid circular vertex represents the
renormalized SCSA vertex YR(q). These equations can be solved self-consistently by considering the power-law scaling of the
effective bending rigidity and the effective Young’s modulus in the long wavelength limit, where it was found that

κR(q)
κ

∼

√
Y h2

v(q)
κ

,
YR(q)

Y
∼

√
κ

Y h2
v(q) . [16]

For the rippled Al2O3 membranes in the experiments, the RMS height fluctuations scale with system size as hv(q0) ∼ 1/q0 ∼ L
according to Eq. (13), where q0 = 2π/L. Therefore, the average effective bending rigidity scales with the system dimensions as

κR(q0)
κ0

∼

√
Y0h2

v(q0)
κ

∼ hv(q0)
t

∼ L

t
. [17]

3. Fluctuations in the effective bending rigidity

The theoretical analysis in the preceding sections can be extended to predict the scaling of sample-to-sample fluctuations in
the effective bending rigidity in rippled membranes. As discussed in the previous section, mode coupling in Eq. (10) means
that the applied normal force density of the form p(k) = p0δk,q0 also generates response f(x) that contains modes f(q ̸= q0).
However, upon considering the averaged quantity Var[f(q)] =

〈(
f(q) − ⟨f(q)⟩

)2
〉

, we find that Var[f(q)] is non-zero only for
q = q0. Thus, the variance of the linear response is related to the variance of the effective bending rigidity through

Var[f(q)] = Var
[

1
κR(q)

]
p(q)2

q8 . [18]

In order to compute Var[f(q)], a first attempt is to use iterative perturbation theory on Eq. (10). To the leading order, we
find that

Var[f(q)] = + + · · · [19]
Upon using the diagrammatic rules from Eq. (10) and Eq. (11), the contributions of the two leading order diagrams to
Var[f(q)] correspond to the following integral expressions:

q q2

q1 − q2

q − q1

q 2q − q2

= 1
κ2

0q8

∑
q1,q2 ̸=0

Y 2
0

q4
1(q + q1 − q2)4 |q × q1|2|q1 × q2|2

× |q × (q1 − q2)|2|(q + q1 − q2) × (2q − q2)|2

×
〈
|h(q − q1)|2

〉 〈
|h(q1 − q2)|2

〉 p(q2)p(2q − q2)
κ2

0q4
2(2q − q2)4 ,

[20]
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q q2

q − q1 q1 − q2

q 2q − q2

= 1
κ2

0q8

∑
q1,q2 ̸=0

Y 2
0

q4
1(2q − q1)4 |q × q1|4|q1 × q2|2|(2q − q1) × (2q − q2)|2

×
〈
|h(q − q1)|2

〉 〈
|h(q1 − q2)|2

〉 p(q2)p(2q − q2)
κ2

0q4
2(2q − q2)4 .

[21]

To facilitate the evaluation of the integrals, we use the ansatz p(k) = p0δk,q0 . From here on out, we also focus on the case of
dh > 2, which is applicable to the experiments, and we find that the diagrams in Eq. (20) and Eq. (21), up to a numerical
prefactor, both give a contribution of the form

p2
0δq,q0

κ2
0q8

Y 2
0 ∆4

κ2
0q2(dh−1)A

∼
p2

0δq,q0

κ2
0q8

Y 2
0 h4

v(q)
κ2

0q2A
, [22]

where we used the expression for the RMS height fluctuations hv(q) in Eq. (13). We also consider the higher order terms in
the iterative series. As an example, we show one diagram that is part of the next order contribution to Var[f(q)] in iterative
perturbation theory:

q q2

q1 − q2

q1 − q2 + q − q3q − q1

q q3 2q − q2

= 1
κ2

0q8

∑
q1,q2,q3 ̸=0

(
−Y 3

0
)

q4
1(q1 − q2 + q)4(q − q1 + q3)4 |q × q1|2|q1 × q2|2

× |q × (q1 − q2)|2|(q1 − q2 + q) × q3|2

× |q3 × (q − q1)|2|(q − q1 + q3) × (2q − q2)|2

×
〈
|h(q − q1)|2

〉 〈
|h(q1 − q2)|2

〉 〈
|h(q1 − q2 + q − q3)|2

〉
× 1

κ0q4
3

p(q2)p(2q − q2)
κ2

0q4
2(2q − q2)4

∼
p2

0δq,q0

κ2
0q8

Y 3
0 ∆6

κ3
0q3dh−4A

∼
p2

0δq,q0

κ2
0q8

Y 3
0 h6

v(q)
κ3

0q2A
.

[23]

The upshot of evaluating these diagrams to identify that the variance of the response f(q) is a perturbative series in the
parameter Y0h2

v(q)/κ0:

Var[f(q)] = p(q)2

κ2
0q8

Y 2
0 h4

v(q)
κ2

0q2A

[
α0 + α1 ·

(
Y0h2

v(q)
κ0

)
+ · · ·

]
, [24]

where αi are numerical prefactors. Note that the parameter Y0h2
v(q)/κ0 in the perturbation series is the same parameter that

appears in the calculation for the average response ⟨f(q)⟩ discussed in the previous section. Thus, the iterative perturbation
theory for Var[f(q)] also diverges in the long wavelength limit for the rippled Al2O3 membranes in the experiments.

With the breakdown of perturbation theory, we can use the SCSA and sum all non-crossing diagrams to obtain an estimation
for Var[f(q)] as:

Var[f(q)] = + + · · · ,

[25]
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where we recall that the double line represents the renormalized SCSA propagator 1
κR(q)q4 and the solid circular vertex

represents the renormalized SCSA vertex YR(q). After focusing on the dh > 2 case of Eq. (13) that applies to the rippled
Al2O3 membranes in experiments, Eq. (16) gives us

κR(q)
κ

∼
√

Y ∆2

κqdh−2 ,
YR(q)

Y
∼

√
κqdh−2

Y ∆2 . [26]

We can determine how the contribution of the i-th diagram (i = 1, 2, · · · ) on the RHS of Eq. (25) scales with q. Upon taking
p(k) = p0δk,q0 , the i-th diagram in the series above gives the contribution

p2
0δq0,q

κR(q)2q8

∑
q1,··· ,q2i−1 ̸=0

(
YR(q1)|q × q1|2|q1 × q2|2

κR(q)q4q4
1

)2 (
YR(q3)|q2 × q3|2|q3 × q4|2

κR(q2)q4
2q4

3

)2

× · · ·
(

YR(q2i−1)|q2i−2 × q2i−1|2|q2i−1 × q|2

κR(q2i−2)q4
2i−2q4

2i−1

)2

× ∆2

A|q − q1|dh

∆2

A|q1 − q2|dh
· · · ∆2

A|q2i−1 − q|dh
,

[27]

which, up to a numerical prefactor, goes as

∼
p2

0δq0,q

κ2
0q8 · (q2)2i−1 ·

(
κ0qdh−2

Y0∆2

)2i+1 (
Y0

κ0

)2i ∆4i

Aq2idh
=

p2
0δq0,q

κ2
0q8

(
κ0qdh−2

Y0∆2

)
1

Aq2 . [28]

Note that this result does not depend on i, so each diagram in the RHS of Eq. (25) gives a contribution that scales with q in
the same way. Thus, the variance of the response f(q) to a body force p(q) goes as

Var[f(q)] ∼ p(q)2

κ2
0q8

(
κ0qdh−2

Y0∆2

)
1

Aq2 . [29]

Upon comparing to Eq. (18), we find that

Var
[

κ0

κR(q)

]
∼ κ0qdh−4

Y0∆2A
, [30]

and this can be used to estimate Var
[

κR(q)
κ0

]
. For a random variable x with mean x, the variance of f(x) can be approximated

by Var[f(x)] ≈ [f ′(x)]2Var[x]. If f(x) = 1/x, then Var[1/x] ≈ Var[x]/x4. Thus, we obtain

Var
[

κR(q)
κ0

]
∼ Y0∆2

κ0Aqdh
∼ Y0h2

v(q)
κ0Aq2 . [31]

By considering the rippled Al2O3 membranes in experiments with dh = 4 of size L × L, the standard deviation of the effective
bending rigidity at the scale of the system (q ∼ 1/L) scales as

Std
[

κR(L)
κ0

]
∼

√
Y0h2

v(L)
κ0

∼ L

t
. [32]

Since the average effective bending rigidity also scales as

Avg
[

κR(L)
κ0

]
∼ L

t
[33]

as shown in Eq. (17) in the previous section, this means that the ratio Std[κR(L)]/Avg[κR(L)] remains finite at large scales.
Therefore, the effective bending rigidity of rippled Al2O3 is not self-averaging.

4. Buckling in rippled membranes

In this section, we discuss how frozen ripples affect the buckling of a rippled sheet in response to uniaxial compression. As
the ripples lead to an effective stiffening of the bending rigidity and softening of the Young’s modulus, rippled sheets have
an increased buckling threshold compared to smooth sheets. In the main text, a kirigami structure was fabricated from a
rippled membrane. The resulting rippled metamaterial (of thickness t) has triangular domains of size Ld and hinges of size Lh.
The mechanical response to an extensional force on the structure changes from a regime where the triangular domains rotate
in-plane to a regime where the domains rotate out-of-plane due to buckling in the hinges.

Thus, it is useful to consider how ripples affect buckling in a Lh × Lh hinge with thickness t. First, let us consider a smooth
hinge. The critical uniaxial compressive strain for buckling a smooth hinge out of plane is

ϵc ∼ κ1D

Y1D
· q2

0 , [34]
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where q0 ∼ 1/Lh is the longest wavelength mode. From the beam theory, we know that the bending rigidity scales as
κ1D ∼ ELht3 and the 1D Young’s modulus scales as Y1D ∼ ELht, where E is the 3D Young’s modulus. This gives the scaling
for the critical compressive strain

ϵc ∼
(

t

Lh

)2
. [35]

Let us now consider the case of kirigami cuts in a rippled sheet. We can estimate the buckling threshold for a rippled hinge
by

ϵ(R)
c ∼

κ
(R)
1D

Y
(R)

1D

· q2
0 , [36]

and so
ϵ

(R)
c

ϵc
∼

κ
(R)
1D /κ1D

Y
(R)

1D /Y1D
. [37]

Upon taking
κ

(R)
1D

κ1D
∼ hv

t
and

Y
(R)

1D
Y1D

∼ t

hv
, [38]

where hv corresponds to the RMS height fluctuations over the Lh × Lh hinge, we get

ϵ(R)
c ∼

(
hv

t

)2
ϵc ∼

(
Lh

t

)2
ϵc ∼

(
hv

Lh

)2
. [39]

This result has an intuitive interpretation, as hv is the effective thickness of the rippled hinge, and the critical compressive
strain for buckling of a rippled hinge is increased compared to a smooth hinge.

5. Effective temperature

In this section, we estimate the effective temperature needed to generate height fluctuations in a flat sheet that are comparable
to the quenched random height disorder seen in the experimental samples. Thermal fluctuations of a flat sheet lead to height
fluctuations of the form 〈

|h(q)|2
〉

≈ kBT

Aκ0q4 , [40]

where the sample area is A = 284 × 213 µm2 and the bending rigidity of 28 nm thick aluminum oxide is κ0 ≈ 0.34 pJ. Using
the PSD data from Fig. 1b of the main text, we can estimate

Tbackside ∼ 1010 K and Tfrontside ∼ 104 K. [41]
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Fig. S1. Characterization and measurement a, 1D PSD of the wafer backside surface height profile P (q) ≡ |h(q)|2 measured with a confocal microscope, where the x

and y directions correspond to the wavevectors (qx, 0) and (0, qy), respectively. The insert shows the confocal microscopy image, measured over an area of 284 × 213 µm2.
b, The 2D PSD of the wafer backside surface height profiles, measured over an area of 284 × 213 µm2 at multiple locations, as illustrated in the inset figure. c, Conformal
transfer approach for controllable freezing of the substrate morphology to the nanomembrane. The confocal microscopic images show the measured morphologies of the
rippled nanomembrane and the underneath wafer surface, respectively. d, Cross-sectional scanning transmission electron microscopy (STEM) image shows a t = 28 nm-thick
Al2O3 nanofilm deposited on the frontside of a wafer surface, scale bar 0.5 µm. Scale bar for the insert image is 20 nm. The electron beam (EB) and focused ion beam (FIB)
P t films are protective layers for STEM sample preparation. e, Schematic diagram of the optical interferometry setup. The optical interference between the nanobeam and the
underneath substrate is detected by a photodetector (PD) and analyzed by a lock-in amplifier (LI). f-g, Thermomechanical motion spectra of a smooth (f) and a rough (g)
nanomechanical resonator measured with optical interferometry. SEM images of the smooth and rough resonator are shown as insert (L = W = 20 µm, t = 28 nm). Solid
lines show the curve fittings to the Lorentzian function for harmonic resonators.
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Fig. S2. Scale-dependent standard deviation of the effective bending rigidity of rippled nanomembranes. a-d, Standard deviation of the effective bending rigidity κR

of rippled cantilevers as a function of the sample dimensions: a, variable width W (L = 20 µm, t = 28 nm), b, variable length L (W = 5 µm, t = 28 nm), c, variable
side length L = W of square cantilevers (t = 28 nm), and d, variable thickness t (L = W = 20 µm). The standard deviations ∆κR are estimated using the relation

∆κR =
√∑n

i=1
(κi − κ̄R)2/n, where κi is a measured effective bending rigidity of sample i, n is the total number of samples, and κ̄R is the mean value of the effective

bending rigidity. Plotted are the standard deviations for experimental data, where the average value κ̄R was either obtained experimentally (SDE) or via theoretical predictions
(SDT). The dashed lines show the fitting to the predicted theoretical scaling ∆κR/κ0 ∼ W/t.

9 of 11



5 10 15 20
Width ( m)

0

10

20

30

40

50
R

 /
0

R / 0=1

W
L

a

5 10 15 20
Length ( m)

0

10

20

30

40

50

R
 /

0

R / 0=1

14 21 28
Thickness (nm)

0

20

40

60

80

100

120
R

 /
0

R / 0=1

c

d

b

e

5 10 15 20
Square side length ( m)

0

10

20

30

40

50

R
 /

0

R / 0=1

1 1.5 2 2.5 3 3.5 4
0

5

10

15

20

25
FEA rippled
FEA smooth
Theory rippled
Theory smooth

Extended Data Fig. 2

Wafer

Measured 
surface

FEA 

W=20 µm

W=15 µm

W=10 µm

W=5  µm

0

1

Fig. S3. Finite element analysis (FEA) of the effective bending rigidity of rippled nanomembranes. a, Illustration of FEA processes. The fundamental vibration mode
shapes (out-of-plane bending) of disordered Al2O3 nanocantilevers (L = 20 µm, t = 28 nm) with different widths W are shown, where the color bar represents the
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scaling prediction (see text). Plots in c-e have the same legend as the plot in b.

10 of 11



Movie S1. Rippled elastic metamaterial with delayed buckling. The millimeter-scale kirigami structure,
created by cuts on a 28-nm-thick rippled Al2O3 elastic thin sheet, deforms under a uniaxial force applied using
a nanoprobe manipulator.
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